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Eicaywyn

H évvoia Tou aAyopiBuou eival BeeNwdNnG CTOV XWPEO TNG EMNICTANNG TWV
UMOAOYIOTWV.
Wirth: Aouég Aedouévwy + ANydpiBuol = Mooypduuara

MooBAAuaTa
@ H anokwdikonoinon Tou avBpwnivou DNA
@ X10 J1adiKTUO, TOU OMoiou TO OAOEVA Kal autavdpevo ueyebog dnuioupyei
MEOBAAIATA OTOV EVIOMICHO TNG XPNOIUNG MANPOPOPIAG.
@ XTO NAEKTPOVIKO eUNOpIO KAl YEVIKOTEPA CTNV EMKOIVWVIA HEow SIadikTUuou.
@ XYTOV eunopIkd KOOUO, N EMAOYI OTPATNYIKWV ANOTEAE! €va NEPIMAOKO
nEoBANUA.

a. JPOoUOAOYNONG O€ LI AEPOMOPIKN ETAIPEIA,
B. Tou oxedlaocuoU odIKWV aEOVWYV,
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Eicaywyn

@ Ti eival dpwg évag arydpIBuog;

@ Mwg Eexwpiloupe évav kald and évav Kakd aryopIBuo ;

@ [dte unopoupe va kpivouue o1l évag alyoOpIBUOoG €ival IKAVOroINTIKOG ;
@ lMwg karackeudlovial anodoTiKoi AAyOPIBUOI;

@ MNMwg unopoupe va epapudloune EEUnveg alyYopIBUIKEG IDEEG oTa
NEOBAAIATA MOU AVTIMETWMI{OUNE ;
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Avaiuon ANyopiBuwV

‘Evag aAyoplBuog eival pia unoAoyioTikh diadikacia nou naipvel pia n
nepIcodTEPEG TINEG oav €icodo Kal napdyel hia | NnepIcodTeEPEG TIUEG CAV
€%0d0. 'EToI évag ahyopIBuocg eival hia akoAouBia UNOAOYICTIKWY BNUATWY nou
petraoxnuari¢el Tnv eicodo oe €todo.

@ Na eival nenepaocuévoc.

@ Na eival enakpIBwe opIouévog,.

Q Na eival opBde.
Mia diadikacia nou éxel OAA Ta XaPAKTNEICTIKA Nou avantUiape ara dev eival
olyoupo av eival nenepacuévn, ovoudleTal UNoAOYICTIKH HEBODOG,.
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Avaiuon ANyopiBuwV

@ EninpdcBeta dev onuaivel o1 kdBe alydpIBuog ynopei va
npoypauuaTorei, dSNAadn uia KaAd opIouévn alyopIBuIkn diadikacia dev
eival anapaimro 61 eival npoypAuuUaTioIJn.

@ Xdapiv anh\otnTag 8a eVVoroCoUNE TAUTOCNHEG TIG EVVOIECG AAYOPIBUOG KAl
npdypauua.

‘Eva npdypauua Ba eival xpnoIUo, av ekTeAeiTal oe

@ "AoVyIKO' xpdvo

@ deopelel 'AoYIKO' XWPEO MVAMNG

@ [MoAunokdTnTa Xpdvou

@ [MoAunAoKATNTA XWPEOU
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Avaiuon ANyopiBuwV

H noAuniokdtnta evédg alyopiBuou ekppdleral cav cuvaptnon g didotaong
TOU Und HENETN NpoPAuarog. H didotaon Tou mpoBAAuaTog eival To MANBoG Twv
atouikwy dedopévwy yia enetepyaacia.
napdadeiyua

@ TO MARBOG TV OTOIXEIWV MIAG akoAouBiag

@ TO MARBOG TV CTOIXEIWV eVOG Mivaka

@ TO MARBOG TwV bifs evdg apiBuou
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To npdBANua NG AvalATnong
Aiveral pia akolouBia n otoixeiwv S = (ay, Gz, . . . , Gp) Kal éva oroixeio x. Eival
TO X JENOG Tou S Kal av val Ge nola Béon;

TEPIAKH ANAZHTHEH (S, X)

1. i=1

2. whilei# n+1andg; # x do
3. i=i4+1

4. end while

5 ifi>n

6. return —1

7. else

8. return i

9. endif

Ixnua: ANyOpIBuog avalntnong evog oroixeiou x oe povodidotaro mivaka S.
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To npdBANua NG AvalATnong

@ Av 10 X €ival To NPWTO OToIXEIo TNG akoAouBiag, ToTe Ba kdAvel 3 CUYKPIoEIG
Kal Jia karaxwpenon

@ Av 10 X eival To deUtepo oToIxeio TN akoAouBiag, 1ote Ba kdvel 5
OUYKpPIoEIG KAl 3 KATaXWPENOEIG

@ Av eival 1o i-0016 oToIXeio Ba kavel 2i + 1 cuykpicelg kail i + 1
KATAXWPENOCEIG.
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To npdBANua NG AvalATnong

Av D, To 0UVONO TWwV dIAPOPETIKWV €100dwV o100 NPdRANuUa Kal d € D, hia
€icodd Tou

@ [MoAunAokdTnTa oTnV BEATIOTN NEPINTWOoN :
Cpx(n) = min{kdorog(d). d € D,}
@ [MoAunAokdTnTa OTNV X€EipIoTN NepinTwon:
Cyr(n) = max{kéorog(d). d € Dy}
@ [MoAunokdTnTa Katd HECO OO0
Cpuo(n) = 2 gep, P(d) kéotog(d)
MNa k&Be duvar eicodo d € D, nou diveral pe mBavémra p(d)
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To npdBANua NG AvalATnong

MNapddelyua
Aivetal n Ta§ivounuévn akohouBia 1, . .., n kal cav CToIXEIo MPog eEepeuvnon
pag diveral iconiBava éva ané 1a {1,2, ... ,2n}.
Cpo(N) L sy Lent 1)+ Zenta)
n) = — — ...+ —(2n —(2n
He 2n 2n 2n 2n
= 2n+3 3n+5
= — 2i 4+ 1 =
2n ;( + ) + 2 2

Tére 6cov apopd TIG CUYKPIoEIS eival oToixelwdng NPdEn,
@ 0 aAyopIBUOG €xel 3 otnV BEATIOTN
@ 2n + 3 oy xeipion

@ Kal nepinou 1.5n kard péco 6po.
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Ecwrepikd yivouevo duo diavuoudtwyv

‘Eotw a = (a;), b = (b;) dlaviopara tou R". Znreital 1o ecwrepikd yIvopevo
AUTQV.

Ezqreriko MINOpENO (a, b)

1. sp=0

2. fori=1tondo

3. so = sp + qjb;
4. end for

5. retun sp

YXNUa: YROAOYIOHOG ToUu eowTepIKoU yivouévou dUo iong didoctaong dIavuoudtwy a Kal
b.
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Ecwrepikd yivouevo duo diavuoudtwyv

Avetdptnra and Toug apiBuoUs TwV akoAoUBIwV dIaVUCUATWY

C,Bw(n) = cXﬂ'(n) = C;Lo(n) =n

@ Aev anarreital n Katap€tpnon OAwV TwV SIAPOPETIKWY TUNWV NPpAtewv

@ Apkei n unohoyioTikd Bapurepn npdén
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Acupuntwrikn MoAunAokdTNTa

‘Eotw éva npdBAnua e didctaon n (N.x. N avaltnon o€ pia akoAouBia) kal
€0Tw Kkal dUo alydpiBuol Mou 1o AUvouv, o A ue noAuniokotnta 100n kal o B ue
MOAUMAOKATNTA M. ©EWP®VIACS 0av KAAUTEPO AUTAV MOU KAVE! NYOTEPEG
npd&Eeig yia Tnv idia eicodo unopouue va SIaKPIVOUPE TPEIG MEPIMWOEIS

avdloya Ue 1o n

= 100 O1 A,B éxouyv idia noAunAokoTnTa

100 O B eival anodortikérepog and Tov A

VoA

100 O A eivai anodortikdrepdg and Tov B
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Acupuntwrikn MoAunAokdTNTa

Mapatnpnoeig

@ lMNaparnpoupe o1 Petd and éva KATWPAI, OGO TO n yiveTal ueyaAuTepo TGO
0 aAyopIBuog A yivetal KaAUTeEPOG Tou B.

@ 0 PuUBUOGG e Tov onoio yivetal o A KaAUTEPOG Tou B autdvel ypaupikd oe
oxéon e 10 N

@ Ma n = 1000 o aAydpiBuog A ekteleital oe 100n x 107¢ = 0.1
SeutepdAenta kai o Boe n? x 107% = 1 eurepdiento, Snhadn eivai 10
POPEC Mo apydg. Na n = 10000 o B eival 100 popég nio apyda, K.0.K.
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Acupuntwrikn MoAunAokdTNTa

Yuunépaoua

‘Apa 6co autavel To n 16co n dla@opd TNG anodoTIKATNTAG Yivetal peydAn. Mag
evllapépel T yivetal yia ueYAAeS dIacTAceIG SEDOPEVWY UETA amnd EVa KATWPAI
n 1&&N NG cuvAPTNONG NOAUNAOKATNTAG €ival auTr) Mou KaBopilel TNV
anodoTKATNTA TOU aAyopiBuou

@ f(n) = O(g(n)) av undpxouv ¢ > 0, ny > 0 érol wore f(n) < cg(n) yia
kdBe n > ng

o f(n) = Q(g(n)) av undpxouv ¢ > 0,y > 0 é1o1 wore f(n) > cg(n) yia
kdBe n > ng

e f(n) = ©(g(n)) av undpxouv ¢y, c; > 0,y > 0 ér10I WoTe
0 < c1g(n) < f(n) < cpg(n) via k&Be n > ny.

@ EvaMaktikd, av f(n) = O(g(n)) kai f(n) = Q(g(n)). 161e f(n) = ©(g(n))
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Acupuntwrikn MoAunAokdTNTa

Co (n)
>
C Q(”)

m
() = ©(a(n)

IxAua: Fpagikr) Anekdvion Twv cupBoliouwy O, Q, ©
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Acupuntwrikn MoAunAokdTNTa

Ta O(g(n)). 2(g(n)). ©(g(n)) eivar civora cuvapticewv.
£V npaypanksmra dnhadn, éxoupe ém f(n) € O(g(n)). f(n) € Q(g(n)) K
f(n) € ©(g(n)) aA\& éxel enikpamoel o cuBoNIoudG NG Io6TNTaG. H 1IodTNTa
eival kaBapd CUUBONICUOG.
ACUUMTWTIKA CUPNEPIPOPA TNG CUVAPTNONG MOAUNAOKATNTAG
f(n) = 3n* — 100n + &:

@ 3n? — 100n + 6 = O(n?) a@ou 3n? — 100n + 6 < 3n? yia n > 0.
3n® — 100n + 6 = O(n®) apol 3n® — 100n+ 6 < n® yia n > 0.
3n? — 100n + 6 # O(n) agou fic : 3n® — 1000 + 6 < cnyia n > ny.
3n? — 100n + 6 = Q(n?) a@ol 3n® — 100n + 6 > 2.99n yia n > 10%.
3r? — 1000 + 6 = (n) apou 3r? — 100n + 6 > (10°)nyia n > 100",
3n% —100n + 6 # Q(n®) apot Ac : 3n? — 1000+ 6 > cn’ yia n > ng.

3n2 — 100n + 6 = ©(n?) apou 32 — 100n + 6 = Q(r?) kai
3n? — 100n + 6 = O(n?)
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Acupuntwrikn MoAunAokdTNTa

Acuunrwrikd cUUBoAa nou opilouv o1 Ta pedyuara eival auotnpd:
@ f(n) = o(g(n)) av via k&Be ¢ > 0, undpxel ny > 0 101 WoTe
f(n) < cg(n) yla kd6e n > ng
o f(n) = w(g(n)) av yia kdBe ¢ > 0, undpxel N > 0 €101 WoTe
f(n) > cg(n) yia k&Be n > ng
Na napddeypa n® +n— 1= O(n?) = o(n*) # o(n?).
‘Orav f(n) = o(g(n)) éxoupe 6mn f(n) eival apenntéa oe oxéon pe My g(n).
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KAGoeig MoAunhokotntag

‘Eotw éva npdBAnua I kai técocepig alyopiBuol A, B, C, D nou 10 AUvouv e
avrioToixeg ouvapTtioelg noAuriokdtntag Ta(n) = O(n), Ts(n) = O(n?).
Te(n) = O(n®) ka1 Tp(n) = 2",

7(n)

Yxnua: AUENoN NOAUNAOKAOTNTAG KE TNV aUEnon Tou PeyEBoug Tou MpopAfuaTog yia 4
SIaQOPETIKOUG aAyopiBuoug
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KAdoelg MoAunAokdTNTag

Ta(n) < Tg(n) < Te(n) < To(n)

H AAyOpIBuog H 0.1 deur/1a ‘ 10 Aermd 1 nuépa H

Ta(n) = O(n) 10° 6 x 10° | 864 x 10°
Ts(n) = O(n?) 10° 7.7 x 10% | 9.3 x 10
Te(n) = O(n®) 10° 1800 9254
To(n) = O(2") 20 32 39

Mivakag: Aidotacn npoBANPATWY Nou ekteAouvial and Toug 4 aAydpiBuoug ce
o1aBepd xpdvo and pia unxavry 10 MIPS
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KAGoeig MoAunhokotntag

Mapddelyua: NP—3dUckoho MpdBANUa
Mia enixeipnon éxel enNéEel n TonoBeaoieg yia va xTioel N epyooTdoid. e noia
TornoBeoia npénel va xTioTei KABe epyooTACIO, WOTE VA ENAXIOTOMOIETAI TO
KOOTOG TNG HETAPOPAG TWV UKWV ;

@ didoraon 80

@ pia unxavr) nou egetdler 107 cuvdUACOUS TO SEUTEPOAEMTO

— nepinou 102 xpévia
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KAGoeig MoAunhokotntag

MNapddelyua

Aivetal éva cUvolo UNaAAAwWY Kal éva CUVOANO €pYACIWV Ol Oroieg MpeEnel va
avareBouv oToug UNarnious. K&Be epyacia i otoixidel c; é1av avariberal otov

urndAAnAo j. Na BpeBei n avdBeon nou eAAXICTOMOIEI TO GUVONKO KOGTOG
avdBeong.

@ e 20 unaMiioug kal 20 epyacieg
@ Ba xpelacrtei XINETIEG YIa va OAOKANPwWBEi
@ O Hungarian airyépiBuog Ba xpeiactei nepinou pévo 1.95 deut/ta

@ o€ pia pnxavr) nou etetélel 10° cuvduaououg

Yuunépaoua

H avdnruin anodoTikwv aryopiBuwy eival yia avaykaidtnta napd Ty paydaia
avAantuin TG TaxUTNTag TWV UMOAOYIOTWV
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KAGoeig MoAunhokotntag

H MoAurnAokoTnTa ‘ Inuepivi Aidotaon | MeMovrikry Aidotacn H

o(n) n 1000 X n
o(r?) n 32xn
o(n’) n 10X n
o(n*) n 6% n
o(2") n n+ 10
o(3") n n+e
o(n!) n n+7

Mivakag: AUENon NG didotacng Tou MPOBAAUATOG MoU EMIAUETAI Ge CTaBepd XPOvo
and évav akyopiBuo dedopévng NoAUNAOKOTNTAG Ce [ia unxavr) 1000 popég Taxutepn.

Yuunépaoua

‘Apd O IGXUPICHOG OTI N avAykn avanmuing anodoTIKWY aAyopiBuwy B8a ekAeiel
MUMEOOTA OTIC AUENTIKEG AnodACEIG TV AUPIAVV UMOAOYICTWY, ArnoTEAE] bia
MANPWGS ECPAAUEVN BEoN.
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Kardara&n kAAcewv NoAUNAOKOTNTAG
Karnyopionoinon Twv cuvapToewy NOAUMAOKAOTNTAG O€ KAACEIG

1 Y1aBepr| MOAUNAOKOTNTA

log(n) | AoyapiBuIkr MOAUMAOKSTTA

log“(n) | MoAuAoyapIBuIK NoAuMAokdTTa éTav Kk Wia oTaBepd

n IpappIkn noAumokoTTa (X, f(n) = an + b, pe a, b oTaBepég)

nlogn

n? TeTpaywvikr MOAUNAOKSTNTA

n® KuBikr) moAunAokSTnTa

nk MoAUWVUUIKN MOAUNAOKOTNTA, UE Kk Wia otaBepd,
A f(x) = aen* + ... + o

a” ExBertikr) moAuniokomra 1 < a < 2

2" ExBetikr) noAunAokoTNTa

a” ExBeTikr) moAunAokoTa a > 2

n! MapayovTikr) mIOAUNAOKAOTNTA

n" YnepekBeTIkr) MOAUNAOKATNTA

Mivakag: XapaKinPIoTIKEG KAAGCEIG MOAUMAOKOTNTAG
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H évvolia tou BEATIOTOU aAyopiBuou

Av yia éva npdBAnua, onoloodrnote aAyopIBuog nou 1o eniAUel Exel
acupmwik noAuniokdtnra Q(f(n)) kar éxoupe BN évav alyépIBuo pe
acupMwTIKr noAuriokdTnTa O(f(n)) 1é1€ 0 ANYOPIBHOG AUTSG eival BENTIOTOG
(QouunMmWTIKA).

Mapddelyua

‘Eva napadelyua npoBAUATog oTo ornoio €éxel Bpebei o BEATIOTOG, WG MPOG TNV
MOAUNAOKOTNTA, AAYOPIBHOG €ival To MPOBANKA TNG TA§VOUNONG UE CUYKPIOEIG.
AnodeikvUeTal eUKOAQ, Tl évag aAyOpIBUoG NMou BacileTal Ge CUYKPICEIG
npénel va kavel 1o Alyotepo nlog n CUyKpIceEIG.

@ TagvVOpNong pe cwpd (heapsort)
@ ypriyopng Taivéunong (quicksort)
@ O(nlog n) kard péco épo

@ BEATIOTOI WG MPOG TNV MOAUMAOKAOTNTA KATA JECO OPO
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H évvolia tou BEATIOTOU aAyopiBuou

ANYSPIBUOG TAEVOUNONG pe owpd O(nlog n) oty xeipio nepintwon
— BEANTIOTOG ACUMMTWTIKA KAl OTNV XEIpIOoTN Nepintwon
ANySpIBHOG YPRYopNng Tagivéunong O(n?) omv xeipiom nepinmwon

— dev eival BENTIOTOG aAyOpIBUOG
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H évvolia tou BEATIOTOU aAyopiBuou

Mapddelyua 2: Mn BEATIGTOU aAyopiBuou

Aivovral dUo nivakesg A KAl B,y Kal Hag InTeital va unoAoyicouue 1o
YIvopevo 1oug Chxp:

n
cy = Zaikbld71 <ij<n
k=1
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H évvolia tou BEATIOTOU aAyopiBuou

MomamAziAspor TINAKON (A, B)

1. fori=1tondo

2. forj=1tondo

3. c;=0

4, fork = 1tondo

5. Cy = Cj+ ai * by
6. end for

7. end for

8. end for

9. retunC

Ixrjua: MoANANAAGCIacuog dUo TETPAYWVIKWY MVAKwY didotacng n.
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H évvolia tou BEATIOTOU aAyopiBuou

éxel nohunokétna O(n®)

10 1969 o Strassen O(n*8")

Coopersmith kai Winograd tou 1986 pe O(n?¥7?) .
ol 3 napandavw aiyopiBuol dev eival BEATIOTOL.

‘Evag BEATIOTOG aAyOpIBuOG NMou AUvel To MpdBANUA autd nMpénel va éxel
noAurokétnra Q(n?) .
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IBITNTEC ACUNNTWTIKWY CUBONIGCHWYV

MertaBarkortnra
@ Avf(n) = ©(g(n)) kai g(n) = ©(h(n)) 161€ f(n) = ©(h(n)),

@ Av f(n) = O(g(n)) kai g(n) = O(h(n)) 161€ f(n) = O(h(n)).

o Av f(n) = Q(g(n)) xar g(n) = Q(h(n)) téte f(n) = Q(h(n)).

o Avf(n) = o(g(n)) kar g(n) = o(h(n)) t61e f(n) = o(h(n)).

o Avf(n) = w(g(n)) kai g(n) = w(h(n)) 161€ f(n) = w(h(n))
Avak\aoTikoTNTa

o f(n) = ©(f(n)).
o f(n) = O(f(n)).
o f(n) = Q(f(n))
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IBITNTEC ACUNNTWTIKWY CUBONIGCHWYV

Yuuuetpia
o f(n) = ©(g(n)) av kai pévo av g(n) = O(f(n))

AvAoTpo®n ZUUUETPIa
o f(n) = O(g(n)) av kai yévo av g(n) = Q(f(n))
@ f(n) = o(g(n)) av kai pévo av g(n) = w(f(n))

Modteig
@ cO(f(n)) = O(f(n)) ue ¢ >0
e O(g(n)) + O(g(n)) = O(g(n))
o O(g1(n)) + O(g2(n)) = O(max{g:(n), g2(n)})
o O(g1(n)) * O(gz(n)) = O(g1(n) * g2(n))

Kaénynmg: N. M. MicupAng ANySpiBuol kai MoAuniokdnra - Evémra 1 34 /57



IBITNTEC ACUNNTWTIKWY CUBONIGCHWYV

Opiouoi
9 Av
f

161€ f(n) = ©(g(n))

Q Av | ()
im —% =0
n—+oo g(n)

to1e f(n) = o(g(n))

A
o n )
im —~ =00
n——+o00 g(n)

tote f(n) = w(g(n))

ANySpiBuol kal MoAuniokdtnra - Evémra 1
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IBITNTEC ACUNNTWTIKWY CUBONIGCHWYV

Mapddeyua

Na deixBei 611 n cuvApPTNoN NOAUNMAOKOTNTAG

f(n) = (n? + logn)(n — 1)

n-+ n?
eival ©(n).
‘Exoupe:
? —1
. % . n3—n2+nlogn—logn
lim ————— = Im
n—+-00 n n—+-00 nd 4+ n?

‘Apa f(n) = ©(n). O
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Aoknoeig

‘Aoknon 1.
‘Eotw (Ty(n) = O(f(n))) kai (T2(n) = O(g(n))) o1 noAunAokdTNTEG dUo

TuNATwV (Pr) kai (P,) evég npoypduuarog (M. Av 1o (P,) ekteleital apéowg
petd 1o (Pp) noia eival n noAuniokdtnra tou npoypdpuuarog (P);

Auon:
7(n) = Ti(n) + T2(n) = O(f(n)) + O(g(n)) = max{O(f(n)), O(g(n))}

Epapuoyry: Av Ty(n) = O(n?), Ty(n) = O(n?), T3(n) = O(nlog n) 1é1e

T(n) = Ti(n) + To(n) + Ts(n) = max{O(n?), O(n*), O(nlogn)} = O(n*)

ANySpIBuol kal MoAuniokdmra - Evémra 1
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Aoknoeig

‘Aoknon 2.

Na doBei 0 kaAuTepog O GUPBOANICUSG Yia TIG AKOAOUBEG CUVAPTACEIG :
@ 2logn—4n—+ 3nlogn
Q2+4+4+...+2n
Q2+4+4+8+...4+2°

@ 2logn — 4n+ 3nlogn = O(nlogn)
Q@2+4+...+2n=2(1+2+...+n)=2> 1 ,i=n(n+1)=0O(r?)
Q (2+4+8+...+2n=22=1 =227 —2=0(2")
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Aoknoeig

‘Aoknon 3.

‘Eotw a > 1 kai f(n) = O(logy(n)). Acire 6m f(n) = O(log n).

Aoy f(n) = O(log,(n)) pe Baon Tov opicud, undpxel ¢ rMou yia KaBe n > ny:
f(n) < clogy(n). ‘Opwg eneidn log,(n) = I'ggg éxoupe f(n) < Z-lognn
f(n) < c'lognpe ¢ = =% yia kd8e n > ng. ‘Apa f(n) = O(log n).

loga
g v

‘Aoknon 4.

Aeigre 6m log(n!) = O(nlog n).

Eneidi nl = n(n—1)...2 < n...n = n" kai eneidr n AoyapiBuIk cuvdptnon
eival yvnoiwg avgouoa, éxoupe log(n!) < nlog n, dpalog(n!) = O(nlog n).

ANySpIBuol kal MoAuniokdmra - Evémra 1
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Aoknoeig
‘Aoknon 5.

Mola eival N MOAUNAOKSTNTA TOU MAPAKATW THAKATOG MEOoYPAUMATOG :

1. fori=1tondo
2 forj=1to &1 do
3. x=x+1
4 end for
5. end for
n n n

051545 5 -4 ) et

i=1 i=1

‘Aoknon 6.

Na deix8ei 61 n 3" # O(2")
‘Exoupe lim— 1 o0 g—: =0"'Apa 3" = w(2")
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Aoknoeig
‘Aoknon 7.
Na urnioAoyioTei N MOAUNMAOKAOTNTA ToU aAyOPI8uouU Tou EUKAEidN (oxrjua 6) yia Tov

unoAoyiopd tou Méyiotou Koivou Aiaipétn (M.K.A.) dUo BETIKWV akEpaiwV
aPIBUWV.

Mka - EvkaEHE (M, n € Z)
repeat
r=m mod n
if r # 0 then
m=n
n=r
end if
untilr =0
return n

® NO O~ N~

IxAua: ANYOpIBHoG Tou EUKAEIdN yia TNV eUpeaon Tou M.K.A. dUo akepaiwv m Kal n.
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Aoknoeig

‘Aoknon 7.
Ag Bewpriooupe Sm > n, m=gn+r,q > 1,r > 0. MKA(m, n)=MKA(n, r),

m=qgn-+rn , 0<n<n q=9q9, n=r
n=aqn+tn , 0<n<n
n=qn+r , 0<n<n
n=aqn+mn , 0<n<n

‘EoTw k 0 apiBuog Twv BNUdTwy Kal hia akoAouBia and apiBuoug
m,n,rn,n,...nHen = 0kaln_; :MKA(m, n). H noAunAokotnta Tou
alyopiBuou eival O(k). Anodekviral 61 1 < %r,-_g, ondte éxoupe ot

N <3<k <3k-a<...<zph<zxnApan>2" dnadn k < logn,
ondéTe N NOAUNAOKSTNTA Tou aiyopiBuou eival O(logn). Mapampoupe 61N
NOAUNAOKATNTA ToU aAyopiBuou dev etaprdral and Tov HeyaAUTePo apiBud m.
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Aoknoeig

‘Aoknon 8.

Aeigre 4 yia npayuankoUs apiBuols a, b, b > 0 éxoupe (n + a)? = O(nP).
Anoé tov TUno nou divel 1o diwvupo Tou Newton naipvoupe:

b
(n+a)® =n° + (])nb_]a—i—...—i— (

b

k) Kk + ... 4+ o = ©(n°)

‘Aoknon 9.

o Aeitre én 2" = O(2").
‘Exoupe 27! =2 % 2" = O(2")

@ Eivai 22" = O(2")
Eneidn 22" = (22)" = 4", 10 22" Bev eivai O(2").
looduvapa:limp—s 4 oo 22—2: = 400 Kal 6x1 Undév.

o Av f(n) = O(n) 1é1e 2" Bev eivai O(2").
Eotw f(n) = 2n. Téte f(n) = O(n), aM& 22" £ O(2").
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Ta&ivounon ®uocaiidag (Bubble Sort)

O aAyopIBuog autdg, o€ KABe enavaAnyn avulwvel oTo TEAOG TOU Mivaka To
eAa@pPUTEPO (UIKPAOTEPO) GTOIXEIO.

BuBBLE SORT (A)
fori = nto 1 do

forj=1toi—1do
if g < a4 then
swap(aj, aj41)
end if
end for
end for

NOo oM~

Kaénynmg: N. M. MicupAng AlySpIBuol Kal MoAuniokéTa - Evémra 1



Ta&ivounon ®uocaiidag (Bubble Sort)

Mapatnpoupe o1 avetdptnra and TNV hop@r TNG akoAousBiag eicddou, o
aAySpIBuog Ba kavel TG IDIEG CUYKPIOEIG KAl KATaXWPENGEIG,.

Can(n) = Cur(n) = Cuoln) = 3°D-0()=0()> 1)

i=n j=1

= oYy~ o()

Kaénynmg: N. M. MicupAng AlySpIBuol Kal MoAuniokéTa - Evémra 1



Ta&ivounon pe eicaywyn (Insertion Sort)

1o Brjua i, n unakolouBia ay, . . . , ai_7 efval Tagivounuévn Kai N Qit1, - - . , Op
aragivéuntn. Eicdyel 1o oroixeio i oTnv owoTt BEoN TG NPWTNG UNAKOAOUBIAG
kal cuvexicel enavaAnmmkd yia Ta undAoina CToIxeia.

INSERTION SORT (A)

1. fori=2tondo

2. val = qg;

3. j=1i—1

4, while j > 1T and g; < val do
S, g+1 = g

6. j=ji—1

7. end while

8. Q41 = val

9. end for

Kaénynmg: N. M. MicupAng ANySpiBuol kai MoAuniokdnra - Evémra 1



Ta&ivounon pe eicaywyn (Insertion Sort)

@ XTn BEATIOTN Nepinmwon (Ndn Ta§ivounuévn @Bivouca akoAouBia)
— C{Bﬂ-(n) = O(n).
@ I xeipioTn nepinrwon
— Cyx(n) = 31, j]:i—] o(1) =0 Y L(i—1)= o(r?)
@ Anodeivietal Cy,o = O(n?).
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AlySpiBuol kai MoAunAokdmnra - Evémra 1



Ta&ivounon pe Emioyn (Selection Sort)

Bpiokel oTo Briua i To oToIXEio Nou eival To YEYAAUTEPO CTNV UNAKOAOUBIa
aj,...,Qan ©értel oty Béon i 10 YéyIoTo autd CTOIXEIO KAl CUVEXITE!
enavaiAnmmka.

SELECTION SORT (A)

1. fori=1ton—1do

2. max = i

3. forj=i+ 1tondo
4, if @ > amax then
5. max = j

6. end if

7. end for

8. swap(Amax, )

9. end for
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Ta&ivounon pe Emioyn (Selection Sort)

H noAuniokdétnta onwg kai otnv Tagivounon @ucaiidag dev etaprdral and v
akoAouBia rnou éxoupue cav €icodo.

Corlr) = Corl) = Cual) = 3030 (1) = om)Z n—1)

i=1 j=i+1

n(n— 1) 5
= o(N)[n(n—1) - T] = Oo(n?)
O kaAUTepog eival o aAyopiBuog NG Eicaywyng yiar otn BEATIOTN Nepintwon
eival O(n) oe aviiBeon pe Toug dAoug dUo nou eival ndvia O(n?). O Tpeig
aAySpi8uol napoucidlouy TETPAYWVIKH MOAUNAOKOTNTA KATA uEco Opo.
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OpBdtnra-Avaroiwtn Luvenkn (Correctness-Loop invariant)

Enaywyn
ANAA popon ‘Eotw npdracn 7 n onoia ekaptdral and éva euoikd N > ng.

@ H 7 anndrg yia n = ng
Q AvnmannBAgyian = k 1ote aAnBAG yiIa N = k + 1

Enaywyn
loxupn pop@ry ‘Ectw npdtaon 7 n onoia egaptdral and éva uoikd n > ng.

@ Hmamengyian=ng
Q@ AvnmannBngyvian < k 1éte aAnBAG yia n = k + 1
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OpBdtnra-Avaroiwtn Luvenkn (Correctness-Loop invariant)

Anodeign opBdTnTag Bpdxou B
Eotw Bpdxog B ue uia npdtacn (Qvailoiwtn Guvenkn) .
@ Apxikd¢ éleyxog: H m 1oxUel mpiv TNV MpwTn enavainyn tou B.

© ‘EAeyxog Siampnong: Av n 7 ioxUel NPV TNV i-00Tr enavaanyn
efakoAouBei va 1oxUel kal JETA TNV i-00Tr enavaAnyn.

© EniBePaiwon anoreAéoparog: H 7 1oxUel kal uetd To TéAog Tou B.
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OpBdra Tativéounong e Endoyn (Correctnes-Selection Sort)

Mapddeyua
Na anodeixBei n opB8dTNTa ToU aKGAOUBOU AAYOPIBUOU Yyia TNV eUPESCN TOU
MEYIoTOU OToIXEioU evog mivaka A[1..n).

péyioro = A[1]

yiai < 2éwgn
av  pévyioro < A[i]
161€  péyioro = Ali]
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OpBdra Tativéounong e Endoyn (Correctnes-Selection Sort)
MNapddelyua

7T oIV apxXn NG IHOOTAG eNAVAANNG N LEYIOTO MEPIEXEI TO UEYIOTO OTOIXEIO
TwV NoWTwV i — 1 oToixeiwv Tou nivaka.

@ Apxikdg éAeyxog: Hm eival aAnbric moiv myv nowin enavainyn énou
i=2 8i16n péyoro= A[l] (retoipévn).

@ Aiampnon: FEorw énnm eivar aAnéric uerd mv i — 1 enavdAnyn (foiv v
i), éorw dnAadn o
uéyioro = maxA[1..i — 1].

©a napauével aAnbric kai UeTd To NEPAc g i enavainyng, diodr n Tiun
NG WEYIOTO, ASyw TNG av .. ToTe 8a eivai

péyioro = max{uéyioro, Alil }.

© EmBeBaiwon: Hm Ba eival aAnbric kai UeTd To TEAOG Twv enavaiiyewv
dién Béroviagi = n+ 1 omvm

€yioto = maxAll..n
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Ynueiwpa Adeloddtong

To napdv UNKKS diariBeTal ye Toug Opoug TG adelag xpriong Creative Commons
Avapopd, Mn Eunopikry Xprion Mapduoia Alavoun 4.0 (1) i yetayevéotepn, Alebvig
‘Ekdoon. EEaipouvTal tTa autotelr €pya TRITWV M.X. pwtoypapies, dlaypAuuara K.A.M., Ta
ornoia epnepliéxovial oe autd Kal Ta oroia avageépovtal Jali ue Toug dpoug Xprong
TouG oTo «Inueiwua Xpriong Epywv Tpitww».

(M http://creativecommons. org/licenses/by-nc-sal/4.0/

Q¢ Mn Eunopikr) opiletal n xprion:

@ nou dev nephapBAvel AUETO 1 EUUETO OIKOVOUIKO OPeNOG and TNV Xprion Tou
€pyou, yia 10 dlavopéa Tou €pyou Kal adeloddxo

@ nou dev nepIAaPBAVEI OIKOVOUIKA CUVOAAAYN WG NpoUndBeon yia T xpnon n
npdcBacn oTo €pyo

@ nou dev Npoopilel oTo BIavouéa Tou €PYOU Kal ad€lodOX0 EUPETO OIKOVOUIKO
Sdpeog (n.x. dlagpnuicelg) and v NPoBoAr Tou épyou o€ BIadIKTUAKO TOMNo

O dikalouxog unopei va napéxel otov adeloddxo Eexwplom) Adeia va xpnaoidonolei To
€PYO YIa EUNOPIKN XPNOoN, €pOcov autd Tou INTnBei.
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Alamipnon ZNUeEIwPATWwY

Onoiadnnote avanapaywyn r dlaockeur) Tou UNIKoU Ba npénel va
oupnepAauBaver:

@ 10 Inueiwpa Avapopdg

@ 10 Inueiwpa Adeloddtnong

@ TN dnAwon Aiampnong INUEIWPATWY

@ 10 Inueiwpa Xpriong ‘Epywv Tpitwv (epdoov undpxer)

padi ye Toug cuVodEUOUEVOUG UNEPCUVOECIOUC,.
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